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The electronic band structures and optical gains of InAs1−xNx /GaAs pyramid quantum dots �QDs�
are calculated using the ten-band k ·p model and the valence force field method. The optical gains
are calculated using the zero-dimensional optical gain formula with taking into consideration of both
homogeneous and inhomogeneous broadenings due to the size fluctuation of quantum dots which
follows a normal distribution. With the variation of QD sizes and nitrogen composition, it can be
shown that the nitrogen composition and the strains can significantly affect the energy levels
especially the conduction band which has repulsion interaction with nitrogen resonant state due to
the band anticrossing interaction. It facilitates to achieve emission of longer wavelength �1.33 or
1.55 �m� lasers for optical fiber communication system. For QD with higher nitrogen composition,
it has longer emission wavelength and less detrimental effect of higher excited state transition, but
nitrogen composition can affect the maximum gain depending on the factors of transition matrix
element and the Fermi–Dirac distributions for electrons in the conduction bands and holes in the
valence bands respectively. For larger QD, its maximum optical gain is greater at lower carrier
density, but it is slowly surpassed by smaller QD as carrier concentration increases. Larger QD can
reach its saturation gain faster, but this saturation gain is smaller than that of smaller QD. So the
trade-off between longer wavelength, maximum optical, saturation gain, and differential gain must
be considered to select the appropriate QD size according to the specific application requirement.
© 2009 American Institute of Physics. �DOI: 10.1063/1.3143025�

I. INTRODUCTION

The self-assembled InAs quantum dots �QDs� grown on
GaAs have received great attention due to their applications
in the next generation of telecommunication optoelectronic
devices such as lasers.1,2 A lot of efforts have been done to
expand the emission wavelength toward 1.3 �m by embed-
ding the QDs into an InGaAs quantum well or stacking of
QDs.3,4 Another way is to substitute small amount of nitro-
gen atoms into the QD,5,6 after discovery of strong negative
band gap bowing effects in dilute nitride semiconductor.7

The progress in the fabrication techniques of dilute nitride
QD facilitates the realization of the 1.3 �m optical fiber
communication laser, it is even possible to reach 1.55 �m.8

Theoretically, it is found that when the doped nitrogen atoms
replace a small amount of the As atoms, it reduces the energy
gap and increases the electron effective mass in the conduc-
tion band.9 This can be explained by the repulsion between
the conduction band edge and a higher-lying nitrogen reso-
nant state.10 The doped nitrogen can also reduce the lattice
constant of QDs, resulting in reducing the compressive strain
formed due to the lattice mismatch which is one possible
reason for the degradation of lasers.11,12

InAsN/GaAs QDs can provide longer wavelength emis-
sion and other better characteristics than InAs/GaAs QDs.
Therefore, it has greater potential to fabricate advanced
GaAs-based optical fiber communication lasers which are ca-

pable of large gain and large output power. But if the nitro-
gen composition is too high, the excessive nitrogen atoms
may act as nonradiative recombination centers resulting in
reduction of optical gain. In this paper, we apply ten-band
k · p model which includes the coupled conduction and va-
lence bands, and orbit-splitting and nitrogen bands to study
the electronic structure and optical gain saturation in InAsN/
GaAs QDs. As strain is a significant factor, we calculate the
strain using the valence force field �VFF� model. We take
into account both homogeneous and inhomogeneous broad-
ening for the optical gain spectrum.13 The homogeneous
broadening with width of a single dot is proportional to the
polarization dephasing rate, while the inhomogeneous broad-
ening of the quantized energies is duo to size fluctuation of
the QDs. Then we present the comparison of optical gain
among nitrogen-added and nitrogen-free QDs and the effect
of different QDs size and different carrier density on the
optical gain.

II. THEORETICAL MODEL

The conventional eight-band k · p method cannot be ap-
plied directly to nitrogen-doped QDs, because the strong in-
teraction between the nitrogen resonant states and the con-
duction band edge must be considered.14,15 Based on the
band anticrossing model, the electronic structures and optical
properties are calculated by a ten-band k · p model which
includes the additional two spin-degenerated nitrogen-related
energy levels. The ten-band Hamiltonian is represented in thea�Electronic mail: ewjfan@ntu.edu.sg.
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Bloch function basis �S�↑, �11�↑, �10�↑, �1−1�↑, �SN�↑, �S�↓,
�11�↓, �10�↓, �1−1�↓, �SN�↓ as

Hten = �Hint 0

0 Hint
� + Hso + V0, �1�

where �SN� is the basis of the nitrogen, Hso is the valence
band spin-orbit coupling Hamiltonian, V0 is the confining
potential of the QD which is zero in the dot and finitely high
in the barrier, and Hint contains all the k-independent,
k-linear, and k-quadratic terms. Hint can be written as16

Hint =	
Eg + Pe

i

2

p0�kx� + iky�� ip0kz�
i


2
p0�kx� − iky�� VNC


x

−
i


2
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− ip0kz� S� P3 S 0

−
i


2
p0�kx� + iky�� T� S� P1 0

VNC

x 0 0 0 EN

� , �2�

where Eg is the band gap of bulk material, p0=�
Ep /2m0, Ep

is the matrix element of Kane’s theory, EN=1.44 eV is the
nitrogen energy level relative to the valence band maximum
of InAs, VNC=2.0 eV is the coupling strength between con-
duction band and nitrogen energy level,16 and x is the com-
position of the nitrogen in InAs and

kx� = kx − �xxkx − �xyky − �xzkz, �3a�

ky� = ky − �xykx − �yyky − �yzkz, �3b�

kz� = kz − �xzkx − �yzky − �zzkz, �3c�
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where �xx, �yy, . . . are the strain components, ac and av are
the hydrostatic deformation potentials of conduction band
and valence band of the host material, b and d are the shear
deformation potentials along the �001� and �111� direction of
the host material, �c ,L� ,M� ,N� are given by �c= �m0 /mc�
− �Ep /3���2 /Eg�+ �1 /Eg+3���, L�=L−Ep /Eg, M�=M, N�
=N−Ep /Eg, where mc is the electron effective mass, � is the
spin-orbit coefficient, �=�so /3, �so is the spin-orbit splitting
energy, and L, M and N are the Luttinger parameters. For
InAs, mc=0.022 26m0, L=53.13, M =2.93, N=55.74, and
EP=22.2 eV.17 The conduction band offset is assumed to be
70% of the band gap difference.18 The other parameters of
InAs and GaAs are listed in Table I.17,19

Hso can be written as20

TABLE I. Parameters of InAs and GaAs used in the calculation �Refs. 17 and 19�.

Material
a0

�nm�
Eg

�eV�
�so

�eV�
ac

�eV�
av

�eV�
b

�eV�
d

�eV�

InAs 0.605 83 0.354 0.38 �5.08 1.0 �1.8 �3.6
GaAs 0.565 33 1.424 0.341 �7.17 1.16 �1.7 �4.55
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Hso =	
0 0 0 0 0 0 0 0 0 0

0 0 0 0 0 0 0 0 0 0

0 0 − � 0 0 0 − 
2� 0 0 0

0 0 0 − 2� 0 0 0 
2� 0 0

0 0 0 0 0 0 0 0 0 0

0 0 0 0 0 0 0 0 0 0

0 0 − 
2� 0 0 0 − 2� 0 0 0

0 0 0 
2� 0 0 0 − � 0 0

0 0 0 0 0 0 0 0 0 0

0 0 0 0 0 0 0 0 0 0

� . �4�

We assume that the dots are three dimensionally and
periodically arranged. The periodicities are Lx, Ly, and Lz.
The ten-dimensional electron and hole envelope wave func-
tion for the quantum dots can be expressed as

�m = ��m
j ��j = 1,2, . . . ,10� , �5�

�m
j =

1

LxLyLz

�
nx,ny,nz

am,nx,ny,nz

j exp�i�knxx + knyy + knzz�� ,

�6�

where knx=kx0+ �2	 /Lx�nx, kny =ky0+ �2	 /Ly�ny, and knz

=kz0+ �2	 /Lz�nz, kx0, ky0, and kz0 represent the wave vectors
of the dot ensemble. We set kx0=ky0=kz0=0. The nx, ny, and
nz are the integers of plane wave numbers in the range of 
3,
m is the index for energy subbands, and j is the index for
basis. The matrix is solved by direct diagonalization.

For InAsN/GaAs pyramid QD, we assume that the pyra-
mid axis is along the direction of positive z direction, and the
two-monolayer wetting layer is in the x-y plane. Every sur-
face of the pyramid is a simple crystal plane, and the pyra-
mid base width �bs� is twice of the height �x�. The fixed
dimension ratio of QDs is shown in Fig. 1.

The lattice-mismatch induced strain distribution is con-
sidered and calculated by using the VFF model which is a
microscopic theory considering both bond stretching and
bond bending in the calculation. The total VFF energy is
taken as21

V =
1

4�
ij

3

4
�ij�dij

2 − d0,ij
2 �2/d0,ij

2

+
1

2�
i

�
j�k

3

4
�ijk�Rij • Rik + d0,ijd0,ik/3�2/d0,ijd0,ik,

�7�

where i runs over all the atomic sites, j and k run over the
nearest-neighbor sites of i, Rij is the vector joining the sites
i and j, dij denotes the length of the bond, d0,ij denotes the
corresponding equilibrium length in the binary constituents,
and �ij and �ijk are the bond stretching and bond bending
constants, respectively.21 The parameters used in VFF calcu-
lation are listed in Table II.21–23 The detailed process of cal-
culation is in Refs. 21–23.

The formulas for the optical gain spectrum are pre-
sented, taking into account both homogeneous and inhomo-
geneous broadening. Based on the density-matrix equation,
the optical gain spectra showing homogeneous broadening is
calculated as13

G�E� =
	e2�

m0
2�0nrcE

�nc,nv

1

V
�Mcv�2�fc + fv − 1� 


1

	


 Bcv�E − Ecv� , �8�

where E is the photon energy, e is the electron charge, �0 is
the free-space dielectric constant, n is the refractive index, c
is the speed of light, Ecv is the transition energy, and fc and
fv are the Fermi–Dirac distributions for electrons in the con-
duction bands and holes in the valence bands, respectively.

fc =
1

1 + exp��Enc − Efc�/kBT�
, �9a�

fv =
1

1 + exp��Env − Efv�/kBT�
, �9b�

where Enc and Env are the quantized electron and hole energy
levels, respectively, Efc and Efv are the electron and hole
quasi-Fermi level, respectively, Mcv is the optical transition
matrix element, and the squared optical transition matrix el-

FIG. 1. Schematic of a square pyramidal InAs dot with side view. The
height �H� and the width �L or W� of the unit cell are three and four times of
the height of QD, respectively.

TABLE II. Parameters of InAsN and GaAs used in VFF calculation �Refs.
21–23�.

Bond distance dij
0

�Å� ��103 dyne /cm�

In–As 2.623 321 35.180
Ga–As 2.447 929 41.190
In–N 2.156 79.200
Ga–N 1.949 96.300

��103 dyne /cm� ��103 dyne /cm�
As–In–As 5.488 08 In–As–In 5.488 08
As–Ga–As 8.938 23 Ga–As–Ga 8.938 23
N–In–N 7.100 00 In–N–In 7.100 00
N–Ga–N 14.800 0 Ga–N–Ga 14.800 0
Ga–N–In 10.950 0 N–In–As 6.294 040
N–Ga–As 11.869 115 Ga–As–In 7.213 155
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ements measure the momentum of the transition between the
hole subbands and the electron subbands.24

Mi
cv = ��nv,k�p̂i��nc,k�, i = x,y,z , �10�

where p̂i is the momentum operator, �nc,k and �nv,k are the
real electron and hole wave functions, respectively. The real
wave function is the product of the envelope wave functions
in Eq. �5� and the Bloch wave functions basis. The final
expression for optical transition matrix element in the X, Y,
and Z directions are

Mx
cv = ��nv,k�p̂x��nc,k↑� + ��nv,k�p̂x��nc,k↓�

= p0 �
nx,ny,nz

� 1
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6 
 , �11�
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Mz
cv = ��nv,k�p̂z��nc,k↑� + ��nv,k�p̂z��nc,k↓�

= p0 �
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where p0= �S�px�X�= �S�py�Y�= �S�pz�Z�. The x and y direc-
tions are symmetrical, we take the average of x and y direc-
tion to calculate the optical transition matrix element for the
transverse electric �TE� mode, and the TE mode �polarized in
the x direction� optical gain is calculated by taking the aver-
age of gains in the x and y directions. The optical transition
matrix element in the z direction indicates the transverse
magnetic �TM� mode, and the TM mode optical gain is po-
larized in the z direction. We assume the transition matrix
element between the nitrogen S state and the valence band
state is zero.

The homogeneous broadening of a Lorentz shape can be
written as13

Bcv�E − Ecv� =
�/�

�E − Ecv�2 + ��/��2 , �12�

where � is the intraband relaxation time
In the actual QD lasers, we must take into account inho-

mogeneous broadening due to the size fluctuation of QDs in
terms of the convolution integral as13

G�E� =
	e2�

m0
2�0nrcE

�nc,nv

1

V
�Mcv�2�

−�

�

�fc + fv − 1�



1

	

 G�E� − Ecv�Bcv�E − E��dE�, �13�

where the energy fluctuation of dots is represented by
G�E�-Ecv�, Ecv is the center of the energy distribution func-
tion of each interband transition. We take a Gaussian distri-
bution function as13

G�E − Ecv� =
1


2	�
exp�− �E − Ecv�2/�2�2�� . �14�

Equation �13� indicates the optical gain at a given energy
E which is created by collecting the individual contribution
of all dots within the homogeneous broadening around the
energy. If the homogeneous broadening is a � function, i.e.,
Bcv�E�=��E�, then Eq. �13� is reduced as13

G�E� =
	e2�

m0
2�0nrcE

�nc,nv

1

V
�Mcv�2�fc + fv − 1�



1

	

 G�E − Ecv� . �15�

In this case, dots with different energies have no correlation
to each other and give optical gain independently since they
are spatially isolated from each other.25 In our calculation,
we take the inhomogeneous broadening �=20 meV.13,26 All
our calculation are done at T=300 K as room temperature is
preferred for device to perform. Other parameters are taken
from Ref. 19.

III. RESULTS AND DISCUSSION

The sizes of QDs and the nitrogen compositions are var-
ied to investigate their influence on the electronic structure
and optical properties. The QDs consist the ones with height
x of 14, 18, 22, and 23 lattice constants �their actual lengths
are 7.91, 10.2, 12.4, and 13.0 nm, respectively, and we call
these structures H14, H18, H22, and H23 for convenience�.

When nitrogen atoms substitute the As atoms, the com-
pressive strain in QDs decreases. In order to consider this
variation, in our simulation, we distribute nitrogen atoms
uniformly in QD �including wetting layer� that every layer of
QD has equal density of nitrogen atom shown in Fig. 2.
Figure 2�a� shows in the x-y plane, N atoms are distributed
uniformly, and Fig. 2�b� shows the side view of atoms dis-
tribution in QD and wetting layer.

At the location of nitrogen, the compressive strain is less
than that in As atom. The strain distributions for H18 sized
QD with 1% nitrogen atoms are shown in Figs. 3 and 4.
Figure 3 shows the strain distribution profiles in two-
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dimensional �2D� graphs. The strain is the sum of �xx+�yy

+�zz. As the x and y directions are symmetrical, we show the
strain in x and z directions in Figs. 3�a� and 3�b�, respec-
tively. Figure 3�a� shows that the strain inside InAsN is com-
pressive �negative strain value� but at the location of N at-
oms, the compressive strain has smaller amplitude. In Fig.
3�b�, as strain values are all taken from the middle of the
squared base along the z direction, the compressive strain is
smaller than InAs. Figure 4 shows the strain distribution pro-
files in three-dimensional �3D� graphs with two different
view angles on the x-y and x-z planes, respectively. Figure
4�a� shows the x-y plane in the middle of the total height, so
the wetting layer is not included in that plane. In the center
�QD region� N atoms are mixed inside QD, and small peaks
appear at the site of nitrogen. It shows the compressive strain
at N atom is smaller than its nearest neighboring As atoms.
The rest is barrier region which has very small strains which
is almost 0. Figure 4�b� shows the x-z plane in the middle of
total y dimension. It shows the compressive strain inside QD
is greater than the compressive strains induced from N loca-
tions in QD and wetting layer. Compared to the N-free QD,
this decrease of compressive strain inside QD can affect our
calculation of energy band quite significantly.

Figure 5 shows the transition energy from cl �the first
excited electron state� to hh1 �the first excited state of heavy
hole� as a function of QDs height for different nitrogen com-
positions. When the size is increased, the valence band en-
ergy levels decrease slightly, but the conduction band energy

levels decrease more rapidly. The reduction of effective c1-
hh1 transition is contributed by the reduction in conduction
band energy level. Another important factor is the strain
which can modify the band structure via the deformation
potentials.27 The decrease in the conduction band is almost
directly proportional to the nitrogen compositions. It implies
the more added nitrogen atoms, the stronger repulsion inter-
action between nitrogen resonant level and conduction band
in QDs. Without adding N atoms, H18, H22, and H23 can
achieve 1.30 �m wavelength �corresponding to the transi-
tion energies of 954 meV�, but H14 cannot, so we can dope
0.60% N atoms into H14 to achieve 1.30 �m wavelength.
To achieve the wavelength of 1.55 �m �corresponding to the
transition energies of 800 meV�, we can dope 2.7% or 2.5%
N atoms into H22 and H23 sized QDs, respectively. We will
discuss this in details in later parts.

Figure 6�a� shows the transition matrix element of c1-
hh1 as a function of QD size for different nitrogen composi-
tions. The presence of nitrogen increases the confinement of
the QD electron wave functions compared to equivalent
N-free strctures.28 At the same time, the strong nitrogen–

FIG. 2. �Color online� The top view and side view of the nitrogen distribu-
tion in QD and wetting layer. The blue atoms are nitrogen atoms.

FIG. 3. The 2D strain distribution in the unit cell for H18 sized QD with 1%
nitrogen composition in two dimensions �a� along the x direction �x and y
are symmetrical� �b� along the z direction.
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conduction band �N-CB� mixing reduces the QD optical ma-
trix element at the band edge, as a significant part of the
electron ground state belongs to the �sN� character.29 Because
our QDs are assumed to grow along the �001� direction, we
do not include piezoelectric effects in our simulation. That
may be the reason for the slight difference between our re-
sults and Ref. 28. As size increases, for nitrogen-added QD,
the electron wave function confinement decreases, but the
N-CB mixing decreases resulting reducing the �sN� character
in electron ground state too. Both effects occurs, hence the
optimal transition matrix element occurs at different size for
different N composition depending on which effect can
dominate the other. Figure 6�a� shows the QDs with 1% N
reaches its optimal value at smaller size than 2%, and the
QDs with 3% N have not reached their optimal value yet.
Figure 6�b� shows the transition matrix element of c1-hh1
decreases as N composition increases due to the increasing
stronger N-CB mixing,28 and for smaller QDs, this deceasing
is faster. Because c1 energy level is closer to nitrogen reso-

nant level for smaller QD, the N-CB mixing is also stronger.
So when N increases, the repulsion interaction increases
more significantly.

Figure 7 shows the �fc+fv−1� /E is a function of carrier

FIG. 4. �Color online� The 3D strain distribution in the unit cell for H18
sized QD with 1% nitrogen composition �a� showing strains in the x-y plane
and �b� in the x-z plane with different view angles.

FIG. 5. �Color online� The transition energy from cl �the first excited elec-
tron state� to hh1 �the first excited state of heavy hole� as a function of QD
height for different nitrogen compositions.

FIG. 6. �Color online� The transition matrix element of c1-hh1 as �a� a
function of height of QDs for different N compositions, and �b� a function of
nitrogen composition for different sized QDs.
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density for H18 sized QDs. E is the c1-hh1 transition energy.
For H18, E is 944.3 889.9, 844.7, and 816.6 meV for N
composition 0%, 1%, 2%, and 3%, respectively. As �fc+fv
−1� /E is a factor in our gain calculation in Eq. �15�, we write
it in this form for comparison purpose. Figure 7 shows for
different carrier density, the QDs with higher nitrogen com-
position have high value of �fc+fv−1� /E. It suggests that fc
and fv have greater values for high N, because when more N
atoms are added in, the c1 energy level is repulsed to be
lower, then the electrons are easier to occupy this first ex-
cited state, so the probability to find a electron in c1 in-
creases. This applies to other sized QDs too.

Figure 8 shows the optical gain spectrum for different
low nitrogen compositions. We take the QD with H18 sized
QD as an example. The optical gain is highly polarized, the
TE mode �polarized in the x direction� optical gain is much
larger than the TM mode �polarized in the z direction� optical
gain, because the strain in QD is compressive. We only show
TE mode and neglect TM mode in our figures. For the same

FIG. 7. �Color online� For H18 sized QDs, �fc+fv−1� /E is a function of
carrier density. Ea is the c1-hh1 transition energy. For different N composi-
tion, Ea is different.

FIG. 8. �Color online� Optical gain vs photon energy
for H18 QD with different carrier densities �1� D=2

1018 cm−3; �2� D=4
1018 cm−3; �3� D=6

1018 cm−3; and �4� D=8
1018 cm−3, and different
nitrogen compositions �a� N=0.01, �b� N=0.02, �c� N
=0.03.
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N composition, when carrier density increases from 2.0

1018 to 8.0
1018 cm−3, more and more carriers occupy
the higher energy levels, and the first peak �the maximum
gain for our concern� denoted as c1-hh1 transition increases,
and the second peak appears. This second peak is the higher
energy level transition which is undesirable. When N com-
position increases, the gain spectrum peak shifts to lower
photon energy �longer wavelength�, mainly due to the band
gap decrease. It makes the emission of longer wavelength
possible when c1 to hh1 transition occurs. These trends are
true for other sized QDs too.

In Fig. 9, we fix the nitrogen composition at 1% and
carrier density at 6
1018 cm−3, then plot the graph of opti-
cal gain for different sized QD. As the size increases from
H14 to H23, the first peak transition energy decreases which
agrees with Fig. 5. At this N composition and carrier density,
H14 has only first peak and H18 has both first and second
peaks, but for H22 and H23, their third peak even appears. It
agrees with the fact that for larger quantum dots, the energy
separation between c1 �the first electron excited state�-c2 �the
second electron excited state� and hh1 �the first excited state
of heavy hole�-hh2 �the second excited state of heavy hole�
are smaller, so the higher excited states transition can easily
happen and increase faster. At 1% N composition and the
carrier density 6
1018 cm−3, H14 has the greatest optical
gain.

Next we investigate how the first peak maximum gain
varies with carrier density for different nitrogen composi-
tions. In Fig. 10, for each size, we plot the graph of maxi-
mum optical gain against carrier density for four different
nitrogen compositions. Figures 10�a� and 10�b� show that for
smaller QDs, it reaches its saturation gain at very high carrier
density. For H14 QDs in Fig. 10�a�, when carrier density
increases, the optical gain is higher for N-added QDs, it
shows the factor of �fc+fv−1� /E still dominate over transi-
tion matrix element which is decreasing for increasing N.
However for H18 QDs in Fig. 10�b�, at larger carrier density,
the optical gain of N-free QD surpass that with N, it shows
the effect of factor �fc+fv−1� /E is gradually balanced and
overwhelmed by the transition matrix element. In Fig. 7, we
can observe that at carrier density 2
1018 cm−3, the �fc

FIG. 9. �Color online� Optical gain for different sized QD with 1% nitrogen
composition vs photoenergy for the same carrier density of D=6

1018 cm−3.

FIG. 10. �Color online� Maximum optical gain vs carrier density for different nitrogen compositions and sizes �a� H14, �b� H18, �c� H22, and �d� H23.
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+fv−1� /E for N=3% QD is about 2.4 times of that value for
N-free QD. When carrier density increases to 8

1018 cm−3, the �fc+fv−1� /E for N=3% QD is about only
1.2 times of that value for N-free QD. It shows the percent-
age weight of factor �fc+fv−1� /E decreases in the gain cal-
culation. Figures 10�c� and 10�d� show that for larger QDs, it
can reach its saturation optical gain in a lower carrier density
than smaller QDs, and for different N composition, their
saturation gains are almost the same, but smaller than the
saturation gain of N-free QD. It suggests that the factor of
�fc+fv−1� /E can dominate over the factor of transition ma-
trix element at smaller carrier density for larger QD, and the
difference of saturation gain between N-added QD is quite
small.

In a semiconductor laser, we are also interested in the
differential gain which is dgain /dn with respect to the carrier
density, because the resonant frequency in a semiconductor
laser is proportional to the square root of the differential gain
with respect to the carrier density.30 Figure 11 shows the
differential gain for different sized QD with different N com-
position. As QD size increase from H14 to H23, the differ-
ential gain drops tremendously, so the QD size should not be
too large in order to achieve high resonant frequency. Figure
11�a� shows for smaller QDs, differential gain is not so dif-
ferent at low carrier density, but differential gains drop faster
for the QDs with N, resulting the QDs without N has obvious
larger differential gain at high carrier density. Figures
11�b�–11�d� show for larger QDs, the differential gain is ob-

vious greater for non-nitrogen QDs at low carrier density, but
at high carrier density, the differential gains are all quite low.
When we judge the performance of various QD, we should
consider its wavelength, initial optical gain, saturation opti-
cal gain, and differential gain. So we should choose QD size
and nitrogen composition wisely according to the require-
ment for the applications.

IV. CONCLUSIONS

The electronic structures of InAsN/GaAs QDs are inves-
tigated using the ten-band k ·p model with consideration of
the strains and inhomogeneous broadening effect of optical
gain due to the size fluctuation of QDs. When more N atoms
are added in QD, the repulsion between the resonant energy
level of nitrogen atom and c1 increases and c1 is forced to be
lower making the reduction in c1-hh1 transition energy. So
the long-wavelength emission becomes possible, even
1.55 �m. At the same time, the energy separation between
c2-c1 is enlarged, which makes higher excited states combi-
nation transition hard to occur. For different sizes of QDs,
the strain effect and confinement can significantly affect the
energy levels especially conduction band and the optical
properties accordingly. To achieve desired lasers for, the
trade-off between wavelengths, transparency carrier density,
and saturation optical gain must be considered. For the same
size QD, when N composition is higher, it can have longer
wavelength, higher maximum optical gain, and less detri-

FIG. 11. �Color online� The differential gain for different N composition and size �a� H14, �b� H18, �c� H22, and �d� H23 vs carrier density.
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mental effect induced by higher excited state transition.
However our simulation is in ideal condition, in real experi-
ment, the higher N composition may cause more N-related
defects. The extra N atoms may become nonradiative recom-
bination centers. So depending on the specific application
requirements, we should select the N composition and QD
size accordingly.
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