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Optically induced topological spin-valley Hall effect for exciton polaritons
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We consider exciton-polaritons in a honeycomb lattice of micropillars subjected to circularly polarized (o)
incoherent pumps, which are arranged to form two domains in the lattice. We predict that the nonlinear
interaction between the polaritons and the reservoir excitons gives rise to the topological valley Hall effect
where in each valley two counterpropagating helical edge modes appear. Under a resonant pump, o polaritons
propagate in different directions without being reflected around bends. The polaritons propagating along the
interface have extremely high effective lifetimes and show fair robustness against disorder. This paves the way
for robust exciton-polariton spin separating and transporting channels in which polaritons attain and maintain
high degrees of spin polarization, even in the presence of spin relaxation.
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Introduction. Reducing unwanted feedback is one of the
key requirements in optical information processing [1]. How-
ever, when a propagating signal experiences a bend in its path,
a significant amount gets reflected. Topological insulators,
which are commonly characterized by gapped bulk modes and
robust edge modes within the bulk band gap [2], are often
thought of as the potential candidate for transferring signals
[3-8].

First-order as well as higher-order topological insulators
have been an intense area of research in different fields,
such as photonics [9-13], acoustics [14,15], optical lattices
[16-18], etc. The system of exciton-polaritons, where mi-
crocavity photons acquire electronic nonlinearity because of
the hybridization with the quantum well excitons is an ex-
cellent platform to study topological phases both in linear
[19-23] and in nonlinear [24-31] regimes. The significant
nonlinearity of exciton-polaritons has made way for different
components of an optical information processing device, such
as low-energy polariton switches [32—34], transistors [34-37],
amplifiers [38,39], memories [40,41], routers [42,43], etc.
The main motivation in realizing the topological phases is to
obtain robust propagation of polaritons which serves to trans-
fer information between the different information processing
components [44].

The polariton Chern insulator, originally proposed in
Refs. [19-21], is based on the time-reversal symmetry break-
ing under an applied magnetic field and the transverse
electric-transverse magnetic (TE-TM) splitting of the pho-
tonic modes and was realized experimentally in Ref. [23].
Several other theoretical proposals for realizing topological
polaritons followed related to the same scheme [45-54], by
using the polarization splitting inside the elliptical micropil-
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lars [55], by using vortices in staggered honeycomb lattices
[56], and by Floquet engineering [57]. Apart from the linear
effects, the nonlinearity of polaritons alone can induce topo-
logical phases, such as the appearance of the Haldane model
[58,59] and antichiral edge states [60]. The non-Hermiticity
of the polaritons was used to realize topological phases in
one-dimensional micropillar chains [61-63]. Even after such
advancement of topological polaritonics, the analog of the
topological spin Hall effect [64] where different spins prop-
agate in opposite directions, has not been demonstrated yet.
This is because the common schemes for creating topological
polaritons rely on the TE-TM splitting, which is a form of spin
relaxation that mixes the two polariton spins corresponding to
right and left circular polarizations (denoted o). Moreover,
the topological band gap in such cases is proportional to the
TE-TM splitting, which is itself limited.

There has been a growing interest in realizing topological
phases under the effect of an optical pump [5,65]. Following
a similar route, we consider a honeycomb lattice of circular
micropillars where each micropillar is subjected to a circularly
polarized incoherent pump [see Fig. 1(a)]. The incoherent
pumps form two domains in the lattice where in one domain
all the A (B) sublattice sites are subjected to o (o_) pumping
and vice versa for the other domain. In Fig. 1(b), a schematic
of two domains is shown.

We note that lattices of incoherent pump spots are achiev-
able with spatial light modulation techniques [66—69]. In
principle a polarizing beam splitter could be used to separate a
source laser beam into two oppositely polarized components,
which could be modulated differently before being recom-
bined into the required interlocking pattern. Furthermore, in
the case of straight interfaces between domains, one polariza-
tion corresponds to a reflected and slightly displaced copy of
the other, which would allow the polarizing beam splitter to
be applied after the spatial light modulator.

The nonlinear interaction between the polaritons and the
reservoir excitons induces valley protected helical edge states
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FIG. 1. Scheme: (a) Circular micropillars arranged in a honey-
comb lattice. The two components of the incoherent pump (o) are
shown in red and green. (b) An example of two domains that form an
interface with a sharp bend. Polaritons with o spins can propagate
in opposite directions along the interface without being reflected.

at the interface, which is otherwise a topologically trivial sys-
tem with no band gap. This is related to the topological valley
Hall effect [70,71], an analog of the electronic valley based
two-dimensional materials [72]. Unlike previously studied
topological polaritons, here the topology is independent of the
TE-TM splitting, which makes the edge modes perfectly spin
polarized (in the limit of no TE-TM splitting), and the gain
due to the incoherent pump ensures a high effective lifetime
(around 200 ps) for the edge modes, or even their condensa-
tion (above a threshold). Using full numerical simulations we
show that the o1 polaritons propagate in opposite directions
without being reflected even in the presence of a sharp bend.
This effect is used to realize robust polariton spin channels
where polaritons choose to propagate along a particular chan-
nel depending upon their spins. The advantage of the system
over topologically trivial polaritonic systems is also evaluated
explicitly.

The model. The polaritons in the micropillars can be de-
scribed by the following driven-dissipative Gross-Pitaevskii
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Here v, are the wave functions of the polaritons correspond-
ing to the o4 spins and n,, represent the densities of excitons
with oy spins in the reservoir. The first term represents the
parabolic dispersion of the bare polaritons having mass m,
which is true near the bottom of the lower polariton branch.
V is the potential representing the honeycomb lattice of the
micropillars, and y is the linear decay rate of the polaritons.
gr (g,) is the nonlinear interaction of the polaritons with the
reservoir excitons having same (opposite) spin, and R is the
condensation rate of the polaritons. y, is the decay rate of
the excitons from the reservoir. P, represents the incoherent
pumps (with oL components), which we consider first with
a strength fixed below the condensation threshold. F;, are
the two spin components of a resonant pump which serves
to create polaritons with frequency w, and wave-vector k.
The coefficient J represents the spin relaxation of the reservoir
[73]. The terms involving g, and J are not necessary for our
desired effect but are included to be realistic.

We first calculate the linear band structure of the sys-
tem without the pump and decay by setting P,, = F,, =
y =y, = 0. For calculating the band structure, the lattice is
considered periodic along the x axis with periodicity a and
finite along the y axis [see Fig. 2(a)]. We choose pillars with
diameter 2.5 um, potential depth 6.5 meV, a =4 um, and
m =3 x 10~m,, where m, is the free-electron mass. The
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FIG. 2. (a) and (c) Honeycomb lattice of micropillars (periodic along the x direction and finite along the y direction) without and with
the incoherent pumps, respectively. (b) and (d) Real part of the band structures of the systems represented in (a) and (c), respectively. The
bulk modes are represented in gray. In (b), blue represents topologically trivial modes located at the edges of the sample. In (d), red (green)
represent o (o_) polarized topological edge states, which are located at the interface. (e) Numerically calculated Berry curvature in the first
Brillouin zone for o, polaritons. The Berry curvature for o_ polaritons is the same as o but with the domains interchanged. b = v/3a is
the periodicity along the y direction. Reservoir parameters used in (c)—(e): g, = 10 ueV um?, g, = —0.4g,, R =3 x 10~ ps~! um?, y, =
1.5y, J =0.09 ps™', and the peak value of the incoherent pump PP = 10.7 ps~' pm™2.

L201406-2



OPTICALLY INDUCED TOPOLOGICAL SPIN-VALLEY ...

PHYSICAL REVIEW B 103, L201406 (2021)

band structure for this case is shown in Fig. 2(b), which is
similar to that of a graphene strip with zigzag edges where
the bulk bands (shown in gray) touch at the Dirac points and
trivial edge states (shown in blue) with almost zero group
velocity appear.

Next, we consider the micropillars subjected to the incoher-
ent pumps (P, #0, ¥y #0, y #0, but F,, = 0) such that
an interface is formed [see Fig. 2(c)]. The incoherent pumps
create excitons in the reservoir, which interact repulsively
with the polaritons and induce a local blueshift. For exam-
ple, in Fig. 2(c) o1 (0_) polaritons will be blueshifted in the
sites shown in red (green). This interaction induced blueshift
breaks the inversion symmetry, and the bulk bands become
gapped. A lattice without any interface (meaning domain 1 or
domain 2 alone) corresponds to a topologically trivial system
with gapped bulk but no edge modes within the band gap [74].
Although, the band structure of both the domains are exactly
the same (domain 1 can be transformed into domain 2 by a
180° rotation and vice versa), they are topologically distinct.
To show this, we calculate the valley projected Chern number
for both domains,

Cx = L / d’k F (K), 3)
2mi

where k = (k;, k), F(k) = (3/;";:() - “%k(vk)) represents the
Berry curvature, A(k) = (u(k)|Vi|u(k)) is the Berry con-
nection, and u(Kk) is the Bloch mode. Instead of the whole
Brillouin zone, the integral in Eq. (3) is defined around the
K or K’ valley. In Fig. 2(e), the numerically calculated Berry
curvatures [74] corresponding to the lowest band for o, po-
laritons in both domains are shown. It shows that the Berry
curvatures near the K or K’ points are opposite in the two
domains. The valley projected Chern number turns out to be
Ckn = £1/2 in domain 1 and Cg 'y = F1/2 in domain 2.
It is easy to see that the difference in valley-projected Chern
numbers in the two domains is ACkk = £1. The topolog-
ical bulk-boundary correspondence principle [85] guarantees
the appearance of one edge mode at each valley located at
the interface of the two domains and the opposite sign of
AC at the two valleys also indicates their counterpropagat-
ing behavior. From the symmetry we can argue that o, at
domain 1 and o_ at domain 2 are topologically equivalent,
which suggests that the Berry curvature of the o_ polaritons
is the same as o, but with the domains interchanged. This
results in ACgxy = F1, implying that the o_ edge modes
will have opposite group velocity to those of the o, edge
modes. It should be noted that the total Chern number of the
system over the whole Brillouin zone is 0. This is why no
topological edge mode appears if only one type of domain
is considered, and it is necessary to form an interface between
regions with opposite valley Chern numbers in order to realize
the topological edge modes.

We choose the incoherent pumps and reservoir parameters
such that the spin-dependent blueshift is around 1.5 meV and
the degree of circular polarization of the excitonic reservoir
is around 17% [86]. We take g, = —0.4g, as it is well es-
tablished that interactions between excitons of opposite spins
are attractive in typical cavity polariton systems [77]. Taking
the reservoir into account, the real part of the band structure
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FIG. 3. (a) and (b) Arrangement of P,, in red and green, re-
spectively. (c) Dynamics of the polaritons under a linearly polarized
continuous resonant pump for P,, = 0. No propagation is observed.
The propagations of o, and o_ polaritons are shown in (d) and
(e), respectively, under the same continuous resonant pump as in
(c) for P,, # 0. (f) Degree of circular polarization including the
TE-TM splitting. The black arrow indicates the position of the
continuous resonant pump of width 5 um, and the dashed line in-
dicates the interface. Parameters: peak value of the resonant pump
FP% = 0.01 meV um™', w, =2.65 meV/h, and k, = 27 /3a. TE-
TM splitting Ay =50 ueV and ky =2.05 um~" in (f). Pfi“k =
7.5 ps~! um=2 for the sites subjected to both P, . All other parame-
ters are kept the same as those in Fig. 2.

of the system is presented in Fig. 2(d). Indeed at each valley
counterpropagating o+ edge modes appear. The band struc-
ture calculated for the steady state of the reservoir shows a
topological band gap around 0.3 meV [74]. Being a dynamic
system, upon switch on of the incoherent pumping it takes
time for the exciton reservoir to build up. The consequence is
that the initially trivial system undergoes a topological phase
transition in time (this process is illustrated in Supplemental
movie 1 in the Supplemental Material Ref. [74]).
Demonstration of robust polariton transport. Here we con-
sider a honeycomb lattice of micropillars with 40 and 11 unit
cells along the x and y directions, respectively. The arrange-
ment of the o incoherent pumps are shown in Figs. 3(a) and
3(b), respectively, which forms an interface with sharp bends.
We use a Gaussian-shaped linearly polarized continuous res-
onant pump to inject polaritons in the system. Figure 3(c)
shows the topologically trivial case corresponding to P,, = 0.
Understandably, no propagation of the the polaritons from
the excitation spot is observed. Next, the topological case
for P,, # 0 is considered. In Figs. 3(d) and 3(e) the density
of the oy polaritons at t = 75ps are shown, respectively.
As expected, o1 polaritons propagate in opposite directions
along the interface with group velocity around 1.9 um/ps.
The polaritons do not get reflected when propagating around
the bend. Since polaritons with linear polarization get split in
space depending upon their spin, this effect can be thought
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FIG. 4. (a) Schematic of the polariton spin channels where polaritons choose to propagate along the upper arm or the lower one depending
upon its spin. (b) and (c) Arrangement of the incoherent pumps. (d) and (e) Demonstration of the polariton propagation along the arms
depending upon its spin under a linearly polarized resonant pump. The black arrows indicate the positions of the continuous resonant pump of
width 5 um. P(Efk = 7.5 ps~! um~2, which is below the condensation threshold. (f) and (g) Polariton condensates corresponding to oy spins,
respectively, for F,, = 0 and Pg’f‘k =10.5ps™' um™2. a; = 1 ueV um?, oy = —0.4;. All other parameters are kept the same as those in

Fig. 3(D).

of as an analog of the topological spin Hall effect [64]. In
general, the propagation of the polaritons is always limited
by their short finite lifetime. In this scheme, the incoherent
pump ensures a very high effective lifetime of the polaritons
(around 200 ps, which is about six times larger than the av-
erage polariton lifetime considered) [74]. Although we have
used a resonant pump to inject polaritons, the same can be
performed by setting the strength of the incoherent pumps
P, above the condensation threshold. In that case, the system
spontaneously chooses to condense at the edge modes [74],
similar to the topological insulator lasers.

Unlike the common schemes for creating topological po-
laritons, here the topological behavior does not depend upon
the TE-TM splitting. This allows us to neglect the TE-TM
splitting, which is, in principle, possible by matching the
center of the stop band and resonant frequency of the cavity
[90] (which is also the condition sought for the highest quality
factor cavities). Nevertheless, to show that the proposed effect
is unhampered even in the presence of the realistic values
of the TE-TM splitting, we add a term %(i;—x + %)Ztﬁ%
on the right-hand side of Eq. (1). The valuTe of the TE-TM
splitting A7 = 50 peV at the wave-vector ky = 2.05 pum™!
is taken from Ref. [91]. Due to the presence of Ar, V¥,
is no longer the eigenstate of the system. Consequently, we
define the degree of circular polarization as S, = (|, +|2 -
|1§ﬁ(,7|2)/(|wm|2 + [¥,_|?), which is plotted in Fig. 3(f). The
robust propagation of the spins in the opposite directions is
unaffected (see the Supplemental Material Ref. [74], movie
2), although rather than reaching =1, the degree of circular
polarization is limited to £0.85.

Polariton spin channels. Here we show that rearrangement
of the incoherent pumps leads to the realization of polariton
spin channels, where o, polaritons propagate along the up-
per arm and o_ polaritons propagate along the lower one.
In Fig. 4(a), a schematic of such a system is presented. We
solve Egs. (1) and (2) in presence of the TE-TM splitting and
polariton-polariton interactions (see the Supplemental Mate-
rial Ref. [74], Eqs. (S15) and (S16)) corresponding to the
incoherent pump arrangement shown in Figs. 4(b) and 4(c).

The system works as spin channels under a linearly polarized
continuous resonant excitation [see Figs. 4(d) and 4(e)] as
well as for an incoherent excitation above the condensation
threshold where the condensate forms at the topological edge
mode [see Figs. 4(f) and 4(g)]. It can also be noted that the
topologically trivial channels show no separation of spins. In
principle, one could rely on the optical spin Hall effect [92]
to separate spins in channels [93], however, this results in
multiple oscillations of the spin.

Discussion and conclusion. In conventional photonic topo-
logical systems where topology is induced by (effective)
magnetic field (or complex hopping), the topological protec-
tion is at the edges of the physical sample, whereas the bulk
of the sample remains completely unused. This limits the
compactness of the device. However, in our scheme this is not
the case; as the topology is induced optically, more than one
topologically protected reconfigurable interface states can be
induced throughout the lattice area. In this way, information
can be transferred throughout the lattice area of the sample
instead of the edges only, making it more compact.

We have presented a scheme to obtain counterpropagating
transport of o1 polaritons, an analog of the topological spin
Hall effect. In the considered system, the nonlinear inter-
action of the polaritons and reservoir excitons gives rise to
topologically protected helical edge modes at each valley of
the honeycomb lattice, which can propagate around a sharp
bend without being reflected. The topological behavior be-
ing independent of the TE-TM splitting restricts the mixing
of two circular polarizations, which helps to obtain almost
pure o4 spin propagation even after consideration of realistic
value of TE-TM splitting. The presence of the incoherent
pumps also ensures a very high effective lifetime of the
propagating polaritons. Given its topological nature and fair
robustness against disorder of the Supplemental Material [74],
this system can be extremely useful in connecting spin-based
polariton devices [94-96] as well as recently realized polari-
ton neural networks [97-99].
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I. BAND STRUCTURE WITHOUT AN INTERFACE

Here we present the band structure corresponding to a system where the incoherent pumps do not form an interface,
i.e. one type of domain only as shown in Fig. S1(a). In Fig. S1(b) the band structure of such a system is shown. The
band structure corresponding to o4 polaritons are same. No edge mode inside the bulk bandgap is observed. The
almost flat modes shown in blue are located at the edges of the sample (see Fig. S1(c-d)).
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FIG. S1: (a) A lattice of micropillars subjected to the incoherent pumps P,, without an interface. (b) Band structure of the

system. Due to the absence of domain topological edge modes do not appear inside the bandgap. (c-d) Spatial profiles of the
modes shown in blue, which are located at the edges of the sample.

II. CALCULATION OF THE VALLEY PROJECTED CHERN NUMBER

In this section, we provide the steps for calculating the valley projected Chern number used in the main text. Let
us rewrite Eq. (1) in the main text in the limit of the steady state of the reservoirs and F,, =0,

L 0P, h2v? L U LSRN
Zh L = |~ + V(gj,y) - Zh§ wai +grna¢wai + <gr + th) ngiwoi- (Sl)

ot 2m

Here nj, represent the steady state of the reservoirs such that dnj, /0t = 0. In what follows, we'll consider only the

Hermitian part of Eq. (S1) for o1 polaritons by dropping the gain and decay terms and considering the potential V'
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FIG. S2: (a-b) Two dimensional band structure of the system with no interface for P,, = 0 and P, # 0, respectively. The
band structures are the same for both the spins in both the domains. (c¢) The absence and appearance of the bandgap at the
K(K') points for P,, =0 (dashed line) and P, # 0 (solid line), respectively.

periodic in both the 2 and the y directions. The modified form of Eq. (S1) can be written as

oY h2V2
ih—— = Ve 2
% = | V()| v, (2)
where Veg =V +g,n. + grn§+ is the effective 2D periodic potential, which corresponds to P, . without an interface.
Next, we apply the Bloch theory on the Eq. (S2):

(@, y) = up, g, (z,y)e FerTh) (S3)
where, u, &, (€,y) = U, k, (£ +a,y + D), (S4)
and ‘/eff(xa y) = ‘/eﬂ(x + a,y + b) (85)

Since, ug, k, (7,y) and Veg(z,y) are periodic, they can be written as

ukm,k Z ukwk GQJ,G) (Ga z+ny (86)
GI,G

and, Veg(z,y) b Z Ve ( Gz, Gy )ei(GaztGuy) (S7)
Gr\Gy

Here, (G4, Gy) is the reciprocal lattice vector and
VurlGarG) = [ Visag)e O oy ($8)
unit cell
Substituting Eqgs. (S3-S8) in Eq. (S2) we get the following eigenvalue equation, which can be diagonalized numerically
to obtain the 2D band structure and Bloch modes:
h2 2| ~ 1 (7 / I\~ / / ~
(ks + Go)? + (hy + Gy iy, (G Gy) + = D7 Vet = Gl Gy = G i, 1, (G Gy) = B, i, (G, Gy).
e

(S9)

Following similar steps, the eigenvalue equation corresponding to o_ polaritons can also be obtained. In Figs. S2(a-b)
the 2D band structure corresponding to P,, = 0 and P,, # 0 is shown, respectively. Fig. S2(c) shows the difference
between the two band structures. It should be noted that the band structures for both o4 spins corresponding to
both the domains are the same.



The expression for the Chern number provided in Eq. (3) of the main text is for the case where the Brillouin zone
(BZ) is continuous. Instead, here we deal with a discrete BZ. One obvious choice for calculating the Chern number
is to substitute the derivatives and integrals with discrete differences and summation, respectively. However, this
procedure of straight forward substitutions often leads to convergence issues, especially for the case where the space
is modelled as continuous (as opposed to a tight binding model). To avoid this problem, we define the following
quantities relating to the U(1) Gauge variable [S1]:

unit ce Ty Y )Uky+Ak,ky \ Ty Y dl'dy
Ux(kxak?}) = f t cell “ko,k ( ) + ( ) (Slo)
funlt cell kg, ky (.23, y)uk +Ak,k, (-7;, y) dl‘dy’
unit ce uy, z,Yy ukz,k AE\T,Y da?dy
Uy(k'a:, k’u) = f t cell kw’ky( ) + ( ) (Sll)
unit cell ultm,ku (LL', y)ukz,k +Ak(x7 y) d$dy’

Here, Ak is the grid point spacing in the reciprocal space along both the x and y directions. The integration over one
unit cell is performed numerically. The Berry curvature is defined as

U (ks ky)Uy(ky + Ak, k:y)}

1
[ 12

The above quantity is plotted in Fig. 2(e) in the main text for both domains. The valley projected Chern number
can be obtained by summing F'(k,, k,) near the valleys or over the half BZ:

1
Cx = o kzk F(ky, ky). (S13)

III. EFFECTIVE LIFETIME OF THE EDGE MODES
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FIG. S3: Real and imaginary eigenenergies of the system considered in Fig. 3 in the main text. The real parts of the energies
of the o4+ polaritons in (a, c), respectively, are colour coded corresponding to their imaginary parts in (b, d) with red being
the states with less decay. The green dashed circle in (b, d) corresponds to the edge modes.

In order to obtain the effective lifetime of the edge modes, we diagonalize Eq. (S1) corresponding to the incoherent
pump arrangement shown in Fig. 3 (a-b) in the main text. The real and imaginary parts of the eigenvalues near the



topological band gap are plotted in Fig. S3. The effective lifetime of the modes is defined as,

2 Imag (Energy)

T = —

€

: (S14)

where ‘Real’ and ‘Imag’ represent the real and imaginary parts of the Eigen energy, respectively.

IV. POLARITON TOPOLOGICAL INSULATOR LASER
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FIG. S4: Formation of polariton condensate for o spin in (a, ¢) and for o_ spin in (b, d). Parameters: F,_=0, P},’iak =13.5
ps~tum?. All other parameters are kept the same as those in Fig. 3(f) of the main text.

Here we set the strength of the incoherent pumps above the condensation threshold. In this regime, the nonlinear
polariton-polariton interactions become significant and can no longer be neglected. Consequently, we consider the
nonlinear driven-dissipative Gross-Pitaevskii equation,

Ny 2772
m?ﬂi:{_ﬁv

+V(y) - hg} Yoo + (o1 [ | + a2 | )

ot 2m
Ap (.8 0\ N _R e _
+ E (Lﬁx =+ 6y> 1/Ja¢ + grna;wai + <gr + Lh2) naiwai + Fcfi (‘,L'; y)e (kp pt)v (Sl‘))
ong
= =— (’Yr + RW’U;{; ‘2) Noy + J (na; - nai) + P(Tj: (x,u) (816)

ot

Here ay is the interaction between the polaritons having the same circular polarization, whereas as is the interaction
between the polaritons having opposite circular polarization. We take a; = 1 peVum? [S2]. We also fix ap = —0.40a,
which is consistent with experiments, where as was experimentally shown to be in the range between 0 and —ay
depending upon exciton-photon detuning [S3]. Next, we fix F,, = 0 and increase P,,. Once P,, surpasses the



condensation threshold, polariton condensation at the topological edge modes for both the spins is observed. This is
similar to the topological insulator laser, which is widely studied in photonics [S4, S5, S6, S7] as well as in polaritonics
[S8]. In Fig. S4 the profiles of the condensate in the real and the reciprocal space are shown.

V. ADVANTAGE OVER TOPOLOGICALLY TRIVIAL POLARITON SYSTEMS
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FIG. S5: (a-b) Periodic 1D lattice of micropillars and waveguide, respectively. (c-d) The dispersions of the systems shown in
(a-b), respectively. The group velocity of the systems is similar to the topological edge modes near the red dot shown in (c-d).
(e-g) A snapshot of polariton propagation under a resonant pulse at ¢ = 180 ps in a 1D waveguide channel, in a 1D lattice
of micropillar, and in the proposed topological system (for o4 polaritons only), respectively. The black arrow indicates the
position of the Gaussian resonant pulse having width 10 um and duration 35 ps. (h) Comparison of the efficiency (defined in
Eq. (S17)) of the three systems. Reservoir parameters used in (g): g» = 10 peVum?, R = 1072 ps™'um?, v, = 1.5, and the
peak value of the incoherent pump Pg’fk = 2.3 ps~'um~2. The energy and wave vector of the resonant pulse used in (g) are

1.2 meV and 27/15 pm™"', respectively.

To show the advantage of the proposed system over topologically trivial polariton systems, we additionally consider
a 1D waveguide channel and a 1D lattice of micropillars. The shape of the waveguide and the 1D lattice are kept the
same as the interface created by the incoherent pumps in the honeycomb lattice (see Figs. S5(e-g)). Next, we launch
a resonant pulse at the upper arm and record the intensities in the upper (I,,) and lower arm (I;) as a function of



time. The efficiency of the systems is defined as,

L-1,
KA

(S17)

For a fair comparison, the average lifetime and group velocity of the polaritons in the waveguide and 1D lattice are
matched with those of the edge states. For the topological system, we use micropillars having diameter 4 pm, lattice
periodicity 5 pm and incoherent pump spots having FWHM around 2.3 pm. We use only o4 incoherent pumps and
set the reservoir parameters corresponding to a blueshift around 0.5 meV. To show the advantage of the topological
modes, we work with only one type of polariton spins (04 ), and consequently we ignore the spin relaxation of the
reservoir. For 1D lattice, the micropillars have diameter 4 pm with periodicity 4 pm. The width of the waveguide is
taken as 10 ym. The potential depth and mass of the polaritons are taken as 6.5 meV and 3 x 10~ °m., respectively,
in both the cases. In Figs. S5(a~-d) schematic diagrams of the systems and their corresponding bandstructures are
shown. We excite both systems corresponding to the red dots as shown in Figs. S5(c-d), which have similar group
velocity to the edge modes.

In Fig. S5(h) 7 is plotted as a function of time for the three systems. Almost 100% transmission of the polaritons
from the upper arm to the lower one is obtained for the topological case (see movie 3). On the other hand, because of
the significant backscattering around the sharp bends in the waveguide and in the 1D lattice, 7 is negative, indicating
that most of the polaritons created by the resonant pulse at the upper arm can not reach the lower arm. This is also
consistent with recently studied coupled waveguide systems [S9].

VI. ROBUSTNESS AGAINST DISORDER

Disorder is always present in practice. Consequently, we add a disorder potential Vg5 with the honeycomb lattice
potential V. Vyis is taken as a random Gaussian correlated disorder potential having correlation length 2.5 ym. We
consider the same configuration as the one in Fig. S5(g) and calculate the efficiency n for each disorder realization. In
Fig. S6, n is plotted as a function of time and disorder strength, where for each disorder realization a resonant pulse
is launched at the upper arm. The system shows fair robustness against disorders of strength around 40 peV, which
is higher than the typical disorders (around 20 — 30 peV) present in modern micropillar samples [S10, S11].

100 150 200
Time (ps)

FIG. S6: The efficiency n as a function of time and disorder strength, which is given by the root mean square value of the
random disorder potential.



VII. PULSE PROPAGATION IN A SMALL TRIANGULAR LATTICE

For pioneering demonstration, it can be helpful to consider implementation in a small-sized lattice structure. Here,
we show that the polaritons having different spins propagate in the opposite directions in a very small triangular
lattice geometry having 14 sites in each arm. In Figs. S7(a) and (g) the spatial profiles of P,  are shown. Similar
hexagonal arrangement of pump spots was shown experimentally in Ref. [S12]. To show the polariton dynamics, we
inject the polaritons using a linearly polarized resonant pulse. o, polaritons propagate in the clockwise direction
(see Figs. S7(b-f)), whereas o_ polaritons propagate in the counter-clockwise direction (see Figs. S7(h-1)). The full
dynamics of the polaritons is shown in Movie 4.

FIG. S7: (a), (g) Spatial profiles of P, , respectively. (b-f) Clockwise propagation of o4 polaritons and (h-1) Counter-clockwise
propagation of o_ polaritons under a linearly polarized resonant pulse. Parameters: Pulse width = 10 yum and duration = 35
ps. All other parameters are kept the same as those in Fig. 3(f) in the main text.



VIII. EFFECT OF g. ON THE BAND STRUCTURE

In this section, we calculate the band structure using Egs. (1-2) in the main text for different values of the g.. As
|G| decreases the topological bandgap decreases slightly and for g, = 0 we get the topological bandgap around 0.25

meV.
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FIG. S8: (a-d) The dependence of the band structure on §-. All the other parameters are kept the same as those in the main
text.

IX. SUPPLEMENTARY MOVIES

movie 1.— In movie 1, we show the topological phase transition and the appearance of topologically protected edge
modes. At t = 0 a topologically trivial band structure as shown in Fig. 2(b) in the main text is obtained. As the
population of the o4 excitons increases in the reservoir, a topological band structure with o1 edge modes at each
valley appear.

movie 2.— In movie 2, we show that the oy polaritons propagate in the opposite directions in the presence of
TE-TM splitting. The degree of circular polarization corresponding to ¢t = 250 ps is plotted in Fig. 3(f) in the main
text.

movie 3— Movie 3 shows the propagation of the polaritons under the effect of a resonant pulse for the three
different systems considered in Figs. S5(e-g).



movie 4.— Movie 4 shows the propagation of the polaritons under the effect of a linearly polarized resonant pulse
in the triangular lattice geometry shown in Fig. S7.
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